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SECTION I

INTRODUCTION

At present, this laboratory, in cooperation with the Goddard Space Flight
Center, Aeronomy and Meteorology Division, is under contract with NASA to de-
sign, construct, test and calibrate an instrumented package capable of meas-
uring certain atmospheric parameters on the moon's surface for the purpose of
determining the lunar atmospheric structure. This package is to be flown on
one or more of the Surveyor soft-landing lunar vehicles to be launched in

1965,

This report is the result of a study conducted to obtain information
about known facts and theories concerning the lunar atmosphere and to postu-
late a theory of its structure. The problem that presents itself here is that
the moon's surface atmosphere is almost certainly an exosphere, whose char-
acteristics are determined not only by the moon's presence and gaseous con-
tribution itself but also by the effect of the solar wind on the surface mate-
rials and gaseous envelope. Since the solar wind itself is not well under-
stood, theoretical determination of the structure of a lunar atmosphere be-
comes complex, and at best only order-of-magnitude effects of the various
known inputs can be determined by theoretical means. The over-all effect of
all inputs on the lunar atmosphere has been a subject of much debate and will
be known only when we can measure experimentally the parameters, such as neu-
tral number densities of the various constituents, lon number density and
particle temperatures.

Section II of this report delineates the limited experimental and obser-
vational results to date of measurements of the physical properties of the
lunar atmosphere, "solar wind," lunar magnetic field and lunar surface temper-
ature. In Section IIT, the general concepts of the lunar atmosphere are dis-
cussed with reference to the mechanisms which affect an exosphere. A simple
model of the lunar atmosphere is described in Section IV. Section V describes
the experimental measurements to be made by this laboratory, the expected
problems and the meaning of the expected results. Since the period between
July of 1964 and July of 1965 is expected to be a period of minimum solar
activity, we will be concerned here primarily with conditions during "quiet
sun. "






SECTION II

A SURVEY OF EXPERIMENTAL AND OBSERVATTONAL RESULTS

A. THE LUNAR ATMOSPHERE

For a lbng time, astronomers attempted to find some evidence of an atmos-
phere on the moon, but their results showed that the lunar atmosphere is prac-
tically non-existent. A summary of the attempts to find evidence of the lunar
atmosphere by using refraction phenomena, spectroscopic methods, and the
brightness and polarization of the scattered light 'has been given by Sytins-
kaya.l Here, we will only mention the measurements of the French astronomer
Dollfus,2 which have been the most sensitive attempt at an optical determina-
tion of the density of the lunar atmosphere., Dollfus' results do not give a
positive determination of the density; rather, an upper limit for the density
is set by the sensitivity of his apparatus. In measuring the polarization of
the scattered light from the moon, Dollfus showed that the density of the lunar
atmosphere is less than 1079 of the density of the terrestrial atmosphere at
sea level, which corresponds to a number density of about 1010 particles/cmS.

Similarly, an upper limit for the density of electrons in the lunar at-
mosphere at the surface was derived by Elsmore.”? On the basis of a refrac-
tion of radio waves of 3.7 meter wavelength estimated from the difference be-
tween the observed and calculated times of obscuration for the lunar occulta-
tion of the Crab Nebula at Cambridge on Jan. 24, 1956, Elsmore deduced an
electron density of about 105/cm3 in excess of that of the surrounding inter-
planetary medium. He estimates that the density of the atmosphere at the
surface of the moon is sbout 2 x 10713 of that of the earth's atmosphere at
normal temperature and pressure, or about 5 x 10 particles/cms. (Tt is in-
teresting to note in this connection that Jan., 1956 appeared approximately
halfway between sunspot minimum and sunspot maximum, Thus, the density during
quiet sun, or sunspot minimum, would be expected to be somewhat different.
This will be discussed in Section IV.)

Evidence of an increased electron density in the vicinity of the moon
has also been given by Krasovskii.* On the basis of ion trap measurements
performed on Soviet cosmic rockets, he states that the density of ionized
particles at a distance of some radii from the earth is of the order of sev-
eral thousand ion pairs/cm3 or less, and that somewhat higher currents between
the electrodes of an lon trap were observed near the moon.

B. THE SOLAR WIND AND THE INTERPLANETARY MATERIAL

Because the lunar atmosphere is so tenuous we expect that the interplan-
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etary medium may have a considerable effect on its structure. It appears that
the moon's surface cannot possibly be shielded by its atmosphere from the
interplanetary medium or the solar radiation., In addition to the electromag-
netic radiation, the sun also emits radiation in the form of charged particles.
As shown by Herring and L:‘Lcht,5 these have a considerable effect on the lunar
atmosphere. The following is a summary of the evidence concerning the cor-
puscular radiation, which has been called by Parker® the "solar wind."

Based on the observation of the acceleration of Type I comet tails,
Biermann! has presented evidence for the presence of an outward streaming com-
ponent of ionized gas from the sun. He suggests that the solar corpuscular
radiation consists of lons and electrons in the same number, about 100 to 105/
cm3, which are emitted from the sun with ordered velocities of about 1000 km/
sec. In a discussion of Biermann's paper, Kiepenheuer8 has derived a lower
limit for the particle density of about 6/cm3 assuming a velocity of 1000 km/
sec, In a series of papers” Parker summarized various geomagnetic effects
which are assumed to be associated with discrete solar streams from an active
sun., From these considerations, densities for Quietest conditions appear to
be at least 100 ions/cm3 with a minimum velocity of 500 km/sec. Parker”? as-
serts that the corpuscular radiation represents an outward streaming of mat-
ter from the sun that is hydrodynamic in character: it consists of an elec-
trically neutral plasma in which the mean-free-path for interparticle colli-
sions is small compared with the dimensions of the flow. Using the hydro-
dynamic equations, Parker shows that the solar corpna must expand, and he be-
lieves that the interplanetary material and the solar corpuscular radiation
are both merely the hydrodynamic continuation of the expanding solar corona.

The density of the interplanetary material has also been estimated from
the results of optical measurements. In Feb, and March, 1952, Behr and
Siedentopflo observed the brightness and the polarization of the evening zo-
diacal light. (This was a time of relatively quiet sun, since sunspot min-
imum occurred in 1954.) After examining the polarized component of the light,
they concluded that the electron density in the vicinity of the earth is about
6OO/cm3, assuming that the scattering of light by free electrons is entirely
responsible for the polarized component. However, Blackwell and_Inghamll have
concluded from their data that the scattering is almost entirely due to dust
and that it is unlikely that the electron density in the vicinity of the
earth exceeds 120/cm3,

Direct measurements of corpuscular fluxes have been reported by Gringauz.12

He states that during the last part of the trajectory of ILunik II, positive
collector currents in ion traps were recorded which correspond to positive ion
fluxes of about 2 x 108 ions/cm2 sec. (Geomagnetic disturbances during this
portion of the flight were characterized by a K-index of 5, which indicates

a moderate disturbance level.) During the flight of space probe IV launched

in the direction of Venus in Feb., 1961, currents were recorded which correspond
to a density of positive corpuscular flux of about 109 ions/cm? sec. (Shortly



after these readings were taken, the commencement of a magnetic storm with
amplitude of perturbation of the horizontal component of the geomagnetic field
of 10=3 gauss = 100y~ was observed, an average magnetic storm which is con-
sistent with a K-index of 5.) Both of the Russian results would be expected
to give fluxes greater than those expected during quiet sun. However, these
results are smaller than Parker's estimate of the minimum flux for quietest
conditions of 5 x 109 ions/cm® sec corresponding to a density of lOO/cm3 and
a velocity of 500 km/sec,

C. THE SELENOMAGNETIC FIELD

Since the solar wind is expected to have a considerable effect on the
lunar atmosphere, and the stream of charged particles will be affected by any
magnetic field, it is of interest to know the magnitude of the magnetic field
of the moon. A magnetic field would shield or markedly change the influence
of the solar wind upon the lunar surface and atmosphere, A criterion for
shielding has been given by Parkerl3 as

2
i nmn <u>? = EL'n
2 avg 8x

It will be seen in Section III-C that a good estimate for the density of the
ordered translational kinetic energy in the solar wind is about 5 x 10'8 ergs/
cm®, The field required by the above formula for shielding is therefore

B = 1.12 x 1072 gauss = 112y.

The Russian scientists Dolginov, et gi.,lu have reported an attempt to
measure the magnetic field of the moon. They state that the magnetometer
aboard Space Rocket ITI did not detect a magnetic field up to 50 km from the
lunar surface, and that if the moon had a magnetic field whose intensity at
the lunar surface exceeded 100y, it would have been detected. Therefore, it
appears that the moon is not effectively shielded from the solar wind by its
magnetic field. However, it is possible that the lunar magnetic field itself
is greater than 100y, but that the solar corpuscular radiation, deflected in
that field, creates a current having a magnetic field which tends to cancel
the lunar field. This has been discussed by Neugebauer.l5

D. THE LUNAR SURFACE TEMPERATURE

The structure of the lunar atmosphere will be greatly affected by the
surface temperature of the moon. High surface temperatures will increase the
escape of molecules from the vicinity of the moon because of the high veloc-
ities which they can acquire upon contact with the surface. Low surface
temperatures can cause condensation of atmospheric volatiles on the lunar



surface if their partial pressures exceed their vapor pressures at that temper-
ature. It is therefore of interest to know the variation of temperature on
the surface.

Measurements of the lunar surface temperature were made by Pettit and
Nicholsonl® in 1927 and by Pettitl? in 1939. Although these measurements were
made over twenty years ago, they are still the most valuable measurements
which we have of the lunar surface temperature. During the eclipse of June
1k, 1927, Pettit and Nicholson determined the temperature of a small area near
the border of the lunar disc. With an improved technique Pettit observed the
temperature of a small area near the center of the lunar disc during the
eclipse of October 28, 19%9. Pettit and Nicholson found the temperature of
an area opposite to the sun to be 120°K, with an uncertainty of 13% corre-
sponding to the probable error of 50% in the recorded amount of radiation.

The temperature near the center of the lunar disc at full moon, as found by
Pettit Jjust before the beginning of the 1939 eclipse, was 370°K., These ob-
servations were discussed by Wesselink,l who gave a predicted curve of the
variation in surface temperature of an area near the center of the lunar disc
during a lunation, Given in Fig. 1 is a curve similar to Wesselink's except
that it has been shifted by about 30°K, so that the maximum temperature is
LOO°K. This curve has been used in the thermal design of the instrument pack-
age as stipulated by the Jet Propulsion Laboratory. It can be seen from this
curve that a reasonable average temperature for the sunlit side is about 300°K
and a reasonable average temperature for the night side is about 130°K.

The curve labeled Tp is the expected variation in the instrument package
temperature which is discussed in Section V.
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SECTION III

SOME GENERAL IDEAS CONCERNING THE LUNAR ATMOSPHERE

In this section, we discuss the equations governing the density distri-
bution in an exosphere, and an isothermal atmosphere, the possible sources of
gas for the lunar atmosphere, the effect of the solar wind on the lunar atmos-
phere and the molecular escape mechanisms. In all cases, it will be assumed
that there are no collisions between neutral particles, since their mean-free
path is long compared with their ballistic trajectory. The so-called base of
the exosphere is, therefore, taken to be at the lunar surface. This and other
assumptions are discussed in relation to their use in the presentation of the
model lunar atmosphere in Section IV.

A. THE MOLECULAR DISTRIBUTION FUNCTION AND LIOUVILLE'S THEOREM

We could determine the structure of the lunar atmosphere if we knew, at
any given time, the positions and states of motion of all of the particles up
to a great height above the lunar surface. For a given particle, we know the
necessary information if we are given, as functions of time, its three posi-
tion coordinates, q;, do, da, and their three conjugate momenta, p;, Ps, Pa.
The motion of the particle is described by the solution of the equations of
motion

. OH
qs = %%I_S.) Py = -'ga;', S=l,2;51 (3'1)

subject to certain initial conditions, where H is the Hamiltonian function for
that particle. If the particle is not charged, and if we can neglect colli-
sions between the particles, the Hamiltonian function in terms of rectangular
coordinates with origin at the center of the moon is

1 mMG
H<X,Y,Z,Px,py,PZ) = E-IE (px2 + Py2 + Pzg) - T (5'2)

N} X2+y2+22
for

Nx2+y2+z2 > rg .

Since collisions are to be neglected, the initial conditions for the motion
need to be specified only after an encounter with a solar wind particle or



after the particle strikes the lunar surface. The motion of the particle may
be represented by the path of a point in the six-dimensional space whose co-
ordinates are q;, 42, 43, P1, P2, Ps, the phase space of the particle. Through
any given point in phase space, perhaps given by the initial conditions, there
passes a uniquely determined path for the representative point of a particle.

Since the determination of the motions of the large number of particles
in the atmosphere is practically impossible, we must introduce some statis-
tical postulates. These are discussed by Present.l9 Here, we assume the
existence of a function f(q;, 42, 43, P1, P2s; P3, t), such that fdg;e--dps is
the number of particles at time t whose motions can be represented by points
in phase space located in the element dQ with boundaries q,, q;+dd;, *** pPs,
patdps, and having extension dq; +++ dps. The function f is called the molec-
ular distribution function and represents the density of the representative
points in phase space. Its use is illustrated by the way in which we find the
spacial density and temperature. The density is given by

n(Q.l:Q2)cl3) = MfdPldpadps ’ (3"5)

where the integration is carried over the limits of the momenta. The so-
called kinetic temperature T 1s defined by

1

KT = 2 mc® (3-4)

PO

where C is the root-mean-square speed:

M c2fdp;dpadps (3-5)

and fdp,dpodps is expressed in terms of c, the particle speed.

Bl

C2 =

The question arises as to how one can find f. It can be shown to be the
solution of a partial differential equation, as follows: imagine a cloud of
representative points in phase space whose density at any point at a given
time is f. The cloud will move in phase space, as each representative point
traverses its dynamical path, and will pass through a stationary element df.
The representative points crossing the face of dQ normal to the p; direction,
which has area dg; «=- dps/dpi, have a component of velocity, in phase space,
p; normal to that face. The rate of increase in the number fdgq, ~~+ dpg of
representative points in d due to motion across this face is

fi)i d‘h.“" dpgj .
dpy )

10



There is a loss

f"_b . dq;‘ LR dps]
1
dpi P4+dp4

due to motion across the opposite face, and so the net increase is:

fﬁg - fii:l dqy =*> dps - . 5-@-— (f£p;)day *** dps .  (3-6)
Pi py+dp dpy i

Summing over all the six pairs of faces, the net increase in the number of
representative points in dQ is

5
O (¢ O (e
- zl (:qu (fag) + oe (fps)] dq, dps .
S=

This is also equal to the rate of increase of f in the fixed element d{,

af d s
a_t dsy dpS .
We may write, therefore,
5
Jf 2 d ]
S = (fq.) + = -
L) |5 0 o (o (5-7)
Using the equations of motion, this may be written
5
af y e, ot ]
+ T = 0. -8
S=

But this simply says that the substantial derivative of f in phase space
vanishes:

X - o. (3-9)
Dt

Thus, the density of representative points remains unaltered as the motion pro-
gresses, which is the statement of Liouville's theorem.

11



The general solution of the above partial differential equation is

f(Ql"":Pa) = F[Il(q.l)"')pS)J“.JIS(Ql}"°}P3) ] (3-10)

where F is any arbitrary function and the I's are six integrals of the motion,
which may be the initial conditions, and they may include constants of the
motion such as the Hamiltonian and the angular momentum. To show this, sub-
stitute into the equation:

Dt Dt ! oI3

This is identically zero because the integrals of the motion are defined by

ii = 0. The general solution can be used if we have enough additional infor-
mation about the function f to determine it uniquely. This is equivalent to
specifying the distribution of initial conditions, that is, by giving the func-
tion f over the entire phase space at some particular time. If the particles
all begin their trajectories at the surface of the moon, then the specifica-
tion of the function f at the lunar surface at some time will be sufficient.

In Sections ITI-C and III-D this is done for special cases.

B. THE MIGRATION OF MOLECULES OVER THE LUNAR SURFACE

The picture that we envisage of the lunar atmosphere 1s that of particles
traveling without collisions from the time they leave the surface of the moon
until the time they either return to the surface or are lost into interplan;
etary space. We would like to know just how far a given particle will travel
over the moon's surface, on the average, and what the length of time is during
its flight. This will give us an idea of how fast the particles are able to
migrate from one place on the moon to another.

Let us assume that a particle leaves the surface of the moon at an angle
Op = 45° with the vertical direction and with a speed equal to the mean speed
T of the distribution of velocities characteristic of the temperature T. If
we use the Maxwellian distribution formula, this is

T - 1/53-1-‘2 : (3-12)
m

(The values of © for various gases are listed in Table 1.) We now want to
calculate the range as a function of T for various gases. For the lighter
gases, such as hydrogen and helium, the range will be comparable in magnitude

12



to the lunar dimensions. In spherical coordinates, the law of motion for a
particle near the moon with a total energy Ep and an angular momentum with
magnitude P is given as follows (see GQldsteingo):

2 2 2 2m
% = mPgG - ﬂj<@5gé> + PET cos V¥ . (3-13)

In this equation,y is measured from the apogee of the orbit (see Fig. 2). For
a particle which leaves the surface r = rp with a speed T at an angle Qg with
the vertical, the energy and angular momentum constants are given as follows:

E _—

Too el MG (3-14)
m 2 o
P
n = Erosin Qg - (3-15)

Fig. 2. Particle trajectory coordinates.

13



The law of motion can therefore be written

A-Becos vy, (3-16)

L Nl

where

2 2
A = }'S(Vorb/c)

and

B = 2 (Vorb4+l_ orb2’
o T 2 T

for Oy = 45°.  Here, Vorb = \/MG/ ro is the orbital velocity at the surface;
its value is 1.68 km/sec. (This is the velocity for which a circular orbit
is possible just outside the lunar surface.) When r = ro, ¥ = 3 ¥, where V'
is the angular range in radians. The angular range is therefore given by

1 Vorb\2 _ 1
A-+ = )
cos}; = B o ( c_) . (3-17)

(Vorb>4 + 1 (Vorb 2
c 2 T

The range is then given by

1 /3 \2
L -5 (vem)
p = ro¥ = 2rparccos or>/ , (3-18)
- (4 = .2
b () - ()
2 \Vorb Vor
assuming C < Vege, the escape velocity. (Vesc =~N2 vopp = 2.38 km/sec.) For

the heavier atoms, such as argon, the ratio E/Vorb may be small compared to 1
(for argon at 300°K, it is equal to 0.24.) The asymptotic form for the above
equation for €/vepp < < 1 is found as follows:



p = 2rgarccos<

1+ 7 >
tN [% ) % <;§;b>f] ),
- 4
~ 2rparccos {} - % <VZrb) } .

Since cos x = 1 -.% x2, for x < < 1,

— 2 - N 2 —_—
Cc
N2 Vorb

where g is the acceleration of gravity at the lunar surface, g = MG/rOZ. This
is Jjust the expression which is found by neglecting the curvature of the sur-

face and the varistion of the acceleration of gravity, by solving the equation
of motion

x = (T sinay)t

(3-20)

N
]

(T cos ap)t - % gt®

for the case Qg = 45°. The magnitude of the angular momentum constant is

given by P = mr®(dy/dt) for any time t. Therefore, the time of flight is
given by

15



Y/ V/2

t - »A+B tan
yE arctan |-y .

J

m 2m d
tf=‘f>fl”2d“’=’i>’f s
“Y/2 o (A-B cos V)
B sinz/
2m 2 2A
(A2-B®) (A=B cos E) (42-E%)
— \/’5 o ) 1/2
c (Vor't>2 o1
— 2
L ° B
2
C’orb)
T T
+ arctan
vory 2 1]%/2 (Vo
(.6 2 {\ ¢
If T/Vgrp

asymptotic form as follows:

-
J2 Tro 1/2
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is small compared to 1, the time of flight may be shown to have an

(3-22)

This is just the expression found by neglecting the curvature of the surface
and the variation of the acceleration of gravity.
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For temperatures less than 267°K, the mean velocity for hydrogen is less
than the escape velocity, and formulas (3-18) and (3-21) are applicable.
(These formulas give an angular range 180° and an infinite time of flight, for
hydrogen at T = 267°K, when the mean velocity is Jjust equal to the escape
velocity.) In Fig. 3, we have plotted the range and angular range for hydro-
gen and helium, as functions of the temperature of the surface where the flight
begins, along with the asymptotic forms. For water vapor only the asymptotic
form is shown. Typical values of range and time of flight are given in Table
1. (The times of flight have been calculated using the asymptotic formula ex-
cept for helium and hydrogen; we have used the exact formula for helium.) Fig-
ure 3 shows that the range versus temperature curve is much steeper for hy-
drogen than for the other gases. This means that migration of hydrogen atoms
will be much more efficient from the hot side to the cold side than in the op-
posite direction. Therefore, even though hydrogen is supplied only on the
sunlit side, the density at the surface is likely to be fairly uniform over
the entire surface of the moon.

TABLE 1

ATMOSPHERIC PARTICLE RANGE, TIME OF FLIGHT AND SCALE HETIGHT

(T = 300°K)
Mean Thermal Range p and Angular Time of Scale o2
Gas Speed, T Range ¥ (a = 145°) (km) Flight, Height), v
(cm/sec) (T = 300°K) (T = 130°K) t¢ (sec) h (km) (cm™1)
5 2632 =10
H 2.51x107* (87°) 1530%*  7.9x10
5 1316 483 -9
He 1.26x10 (13°) (16°) 1923 385 5.3x10
4 217 93.6 -8
Hs0 5.94x10 1 85.6 2.8x10
. g (7°) (5°) Y °
L 97.9 k2.3 -8
Ar 3.98x10 (3.2°) (1.5°) 348 38.6 Tx10
L 46.5 20.1 -
Kr 2.75%x10 240 18.4 1.5x10~ 1
& (1.5°) (0.7°) g
L 29.8 12.8 -7
2.19x1 . .
Xe 19x10 (1°) (0.4°) 191 11.7 2.3x10

*Compare this with the escape velocity, vege = 2.37 x 10° cm/sec.
**Compare this with the lunar radius, ro = 1740 km.
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C. THE BAROMETRIC LAW

If no collisions take place between particles in the atmosphere, the dis-
tribution function is a solution of the partial differential equation

0 L [ i)

as we have shown in Section III-A, The assumption of no collisions will be
justified later on in this section, and we will use it for now without justi-
fication.

ILet us assume that the surface of the moon is at the constant temperature
T and that the atmosphere is in equilibrium out to large distances, that is,
Just as much mass, momentum, and energy is being transported outward as inward
at any given time and position. Then we can consider the particles to start
or end their flights, or both, at the lunar surface. 1In this case, the func-
tion f can be found if it is given at the surface; we assume of course, that f
does not depend upon the time explicitly: Bf/at = 0. Let us assume that f
takes the following form at r = rq:

‘ 3/2 - p2/2mkT
f = f(r.,0 PvyPg P ) = n _I£_> e 5-25)
0 ( 0’ ,¢: rrPg) ;5 0 o kT b) (
where
2 _ 2 1 2 20 .2 2 2
P - pr + I'2 pQ\ Sln > m (VX + Vy + Vg ))

and ng is the number density of the particles at the surface. This is simply
no multiplied by the Maxwellian velocity distribution formula for a gas in
contact with a surface at temperature T. The only function of the kind
F(I,,*++sIg) of Eq. (3-10) which takes the sbove form at r = ry is the fol-
lowing:

3/2 = r ‘T];'T'H(Ql)"'yps)
£(qy, ;D) = (em) ° ¢ . (3-24)

This is the molecular distribution function, sometimes called the Maxwell-
Boltzmann distribution, for an atmosphere where the following assumptions are
valid:

1. DNo collisions take place between particles in the atmosphere.
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2. The entire lunar surface is at the same temperature T.
3. The atmosphere is in equilibrium out to large distances.

Although the assumptions valid for an isothermal atmosphere in equilibrium
with no collisions are not stricftly valid for the lunar atmosphere, as de-
scribed in the next section, the results for this idealized atmosphere are ex-
tremely useful and instructive. If we integrate the Maxwell-Boltzmann dis-
tribution function over the entire momentum space, we get the spacial distri-
bution of density in the isothermal atmosphere:

n(r,8,p) = f/j[ fdprdpgdp¢
Cn exp [EMG (L L)]
° KT\ To
r \
()] o
h \r
where
. kTry2 _ kT
mMG mng

This is called the barometric law, and h is called the scale height. The
scale height i1s a measure of the rate of decrease of density with increasing
height. Scale heights for various gases are given for T = 300°K in Table 1.
To help in visualizing the shape of the atmospheric distribution of density,
we plot, in Fig. U4, the scale height for hydrogen, helium, and water vapor at
the lunar eguator, as functions of the angle which the sun makes with the
zenith,

1. Gravitational Condensation

We may now use the barometric law to calculate the effect of gravita-
tional condensation of interplanetary material: the increase in density of
the interplanetary material near the moon. If this material were in hydro-
static equilibrium at the temperature T, then the ratio of the density at the
lunar surface to the density far away from the moon is given by

Bo _ Fo/B (3-26)
noo b
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where

kTI‘OE
mMG

and m is the mean weight of particles in the interplanetary material. If we
take the interplanetary material to be fully ionized with a mean molecular
weight of sbout 1/2 and a temperature of about lO5°K, then the above ratio is

Do - 1.0002 .
nOO

This is obviously too small to explain Elsmore's result for the increased elec-
tron density near the moon. The gravitational condensation of interplanetary
gas has been discussed by Firsoff,gl Brandt,22 and Sirl,g;er.z5

2. The Scale Volume

If we introduce the height above the lunar surface, z = r-rgy, the baro-
metric law may be approximated as follows, for z < < rgy:

h rotz

n = np exp Zo (’ro - ‘E] ~ no e 2/m . (3-27)

If the last expression were valid for all z, we could integrate to get "the
total number of particles in a square centimeter: column":

” - h
Ne = ;/; Ny € 2/ dz = ngh . (3-28)

Although this number does not exist, since the number density does not really
go to zero with increasing height above the surface, it may give a good
estimate for the number of particles in the unit column which are associated
with the atmosphere, especially if the scale height is small in comparison
to the lunar radius: h < < rg. This is further substantiated by the work of
Herring and K’;y*le.gLlL They have derived the distribution of density in an
exosphere without assuming that it is in equilibrium out to large distances.
We will give their result in Eq. (3-L46); they have shown by integrating this
equation numerically that the number of particles in a square centimeter column
which began their trajectories at the lunar surface is close to ngh for large
values of ro/h, although it departs considerably for smaller values of ro/h
than about LO.
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The total number of particles which are associated with the atmosphere
is then gotten by multiplying by the surface area of the moon:

N = lmrg2hng . (3-29)

If h < <r,, this is approximately equal to the density at the surface multi-
plied by the scale volume V, the volume contained between the surface and a
sphere at r = roth. We can then write this ficticlous number as N = noV, where
V, the scale volume is given by

2l(roth)® - ro3] . (3-30)

<
"
W=

If h<<ry, Ve bury2h, and N is given by Eg. (3-29) above.

3. The Assumption of No Collisions

Finally, we wish to Jjustify the assumption of no collisions in the lunar
atmosphere. The so-called Maxwell mean-free-path formula is

A = L , (3-31)

4 N2 rano

where na® is the gas kinetic cross section of the particles, As a criterion
for a collisionless atmosphere, let us set the mean-free-path equal to the
scale height:

1 kT
——— = R - 2
kN2 na2ng mg (5-52)

The upper limit for the density at the surface for a collisionless atmosphere
is then given by

ng = —& (3-33)

42 wa2kT

The smallest value of ng is given by this formula in the case of hydrogen. At
T = 300°K, Eq. (3-33) gives ng = 2.5 x 10 atoms/cms. Elsmore's estimate for
the upper limit of the density of neutral particles is of this order of mag-
nitude. Therefore, the mean-free-path for particles in the lunar atmosphere
is likely to be long enough to allow us to neglect collisions.
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Another way of justifying this is to compare the time of flight with the
mean-free-time. Using the Maxwell mean-free-path formula, the mean-free-
time is given by

R p— S (3-34)

ll» ’\/E hit 8.2110-5

For helium at 300°K, at a density of 106/cm3, the mean-free-time is T = 3762
sec. The time of flight is, from Table 1, 1923 sec, The mean-free-time is
calculated for a flight in a region of constant density, and since it is,
even so, about twice as great as the time of flight itself, we see that col-
lisions are unlikely.

D. CRITICISM OF THE USE OF THE BAROMETRIC LAW FOR THE LUNAR ATMOSPHERE

The following are the reasons why the assumptions valid for an isothermal
atmosphere in equilibrium with no collisions are not strictly valid for the
lunar atmosphere.

1. Collisions will always take place, even though they are extremely
infrequent. These will put some particles into bound orbits around the moon
which do not intersect its surface. The number of these orbiting particles
is difficult to calculate, and the motions of these particles are not de-
scribed by giving f at the surface.

2. The temperature of the lunar surface varies from about 4OO°K at the
subsolar point to about 120°K at the coldest parts of the lunar surface. There-
fore, the function f cannot be given by the same expression over the entire
surface, Also, because of the long range of the atoms of hydrogen and helium,
these particles will always be arriving at certain places on the lunar surface
with velocities characteristic of the temperature at certain other places on
the lunar surface. The distribution function at any given place on the lunar
surface is very difficult to find because of this situation.

3. The atmosphere is not in equilibrium out to large distances; this
state would require an infinite length of time to establish. Because of this,
particles which leave the surface of the moon with velocities exceeding the
escape velocity will be lost from the atmosphere, since they suffer no colli-
sions, and these will not be compensated for by particles coming from a large
distance, with correspondingly high velocities. The distribution of veloc-
ities will therefore be truncated for velocities directed toward the moon and
exceeding the escape velocity. (Also, the atmosphere will eventually escape
entirely, unless some supply mechanism exists on the lunar surface, because
of the escape, or evaporation, of the tall of the velocity distribution. The
rate of escape of the lunar atmosphere due to this mechanism is calculated in
Section III-E.)
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Let us now find the distribution of density in the lunar atmosphere as-
suming only that no collisions take place and that the temperature of the moon
is constant over the surface. We will no longer assume that the atmosphere
is in equilibrium out to large distances. In this we use Liouville's theoremn,
which was derived in Section IITI-A, which states that the density of repre-
sentative points in phase space, f (the molecular distribution function) is
a constant along a dynamical trajectory. It will be convenient to express T
as a function of position and velocity:

f(r,@,é,vr,vg,v¢) ’

rather than as a function of position and momentum, as we have done previously.
The relations which show how the velocities replace the momenta are as fol-
lows:

P, = Wvp, Pg = mWrvg, pé = mr sin 9v¢ .

Liouville's theorem can then be expressed by the equation

f(r)e;éyerVG;Vﬁ) = fo(ro:go)ﬁo)vro)veo:v¢o) ’ (5"55)

where fy is the function f evaluated at the point on the surface where the
trajectory began. The variables in the two functions above are related as
follows, using the conservation of energy and angular momentum:

2MG 2MG
v2 - — = v 2

Vorosin o0g .

vr sin ¢

Here, v is the magnitude of the velocity, o is the angle between the velocity
vector and the radius vector ?, and subscripts o indicate the values of these
variables at the point on the lunar surface where the trajectory began. As-
suming the density at the lunar surface does not depend upon € or é, the
spacial distribution of density in the atmosphere is given by

n(r) = u[:i[::[i)f(r,vr,vg,vé)dvrvadv¢ . (3-37)
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Using spherical coordinates, vy, = vV cos Q, Vg = Vv sin a cos B, v4 =
v sin o sin B, the integral is

21 ¢ 00

n(r) =£ Lf £(r,v,0,p) vCsin o dvdadp . (3-38)

o}

Using Liouville's theorem, this may be written as follows:

n(r) = JC

The density can be found if we know the molecular distribution function at
the surface, assuming that each particle started its trajectory at the sur-
face. (The density of particles in bound elliptic orbits which do not inter-
sect the surface of the moon cannot be found in this way.)

25 A T A0
Jé‘JC\ fo(ro,vo,ao,ﬁo)v2sin a dvdadp . (3-39)

To carry out the integration, we need to transform the volume element
dvdadB to one involving vg, Og, and Bg. Using the relations in Eq. (3-36)
and the fact that B = By, we find that the functional determinant has the
value

d(v,a,B) _ [VO\2 Irg cos 0o
a(Vo;aoy Bo) ) (V_-> r cos @ (3-40)

The integral can then be wrriten as follows:

29 ~ Tt A 0
T s
n(r) = u[‘ J[ JF fo(ro,vo,ao,Bo)vo2 ?Q.EEE;Q cos QpdvedagdBy. (3-41)
0

cos O
Vomin

Since, the range of integration must be over the part of velocity space com-

patible with the relations in Eq. (3-36), i.e., only over those orbits which
intersect the sphere at rg and r, the lower limit in the integration over vg
is the minimum velocity for which a particle may reach the sphere at r if it
is emitted from ry at the angle Qy. From the relations given in Eq. (3-36),

we find
1l _ T
2MG<?6 ?)

omin -~ N2
1 -\ =) sin20,
r

(3-42)

To express the integrand entirely in terms of v,, 0, and By, we again use
the relations in Eg. (3-3%36). We have
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r
—-—O— sin Op

= —F (3-43)

cos O ‘\! 2MG (]_ o) ) (;d)zsir@ao

Therefore, the integral becomes

sin O

0]
o To\° vo2eos Oy sin QgdvedoedBo
n(r) = £o(T6s V05005 Bo) (.I'—-> : = ’
o] © “Vomin ‘\/l + 2MG (1 _._].‘... -(E) sin®qy
V02 r s A\
(3-4L)

Now we use the truncated Maxwellian distribution for fg:

mv,
( m>3/2 -EE'%_ 0< vy <o o 0 < v < Vege
No( 57377 e ) 0<ac< xfe /2 <a<x
£, = 4 '
{Vésc <vp <

/2 <a<x ),
(3-45)

(Note that the factors v02 and sin @ have already been included, in the func-
tional determinants.) The integral can now be written as follows:

mVo

ro\2 Vesc s/2 .~ kT .
- ) e Vo2cos Ogsin Qadveddg
n(x) zﬂ(r ) f f v <2:ITKT>

omin T \=
_,’ +2MG l ) (-;9 sinZQ

mve2

. 1/2 w
- oo(2)” |

.
BB (D) () s
V02 r (3-16)

This result has been obtained by 6pik and S:‘Lngerg5 and by Herring and Kyle.gu
The latter authors have evaluated the integral as follows:

- 2KT
(‘ )3/ 2 e Vo2eos Ogsin 0pdvedog
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a(x)

]

(l-—-— )
S <? - % erfc e}
Jhr

W - ro/b(1 + -Q)< L erre m)
I h} . (5-47)

FACE

For values of r/ro close to one, the above equation departs very little
from the barometric law, particularly in the case of a heavy gas such as argon.
For larger values of r/ro, the above equation gives values of n(r)/ne consid-
erably smaller than the barometric law, and the ratio n(r)/n, goes to zero as
r/ro gets very large. This is a more realistic result than that given by the
barometric law, which predicts the constant value e~ o/l for n(r) /no as r/ro
becomes very large.

E. THE JEANS EVAPORATION FLUX
In Section III-D we mentioned the fact that some high velocity particles
will escape from the atmosphere and will not be compensated for by incoming

particles. This evaporation of the tail of the velocity distribution was
first discussed by Jeans.® Since the escape velocity at the surface is

Vege = N2MG/ro ,

the number of particles which leave one cm® of the surface/sec with velocities
exceeding the escape velocity 1is

Jy = \[Z]ﬁfo VzAVxdvydvy - (3-48)

2MG
(VZ >0, ng + V-ya + ’sz > —;—O-)
n\3/2 - me2/2kT
Jy = no< ) 7t e c3de
2T, TN
n,e¢ =~ ry/h r ,
T SECHR (R (3-19)
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The Jean's evaporation flux is seen to be a sensitive function of the
quantity

o _ romg
h kT

The smaller the mass of the atoms and the higher their temperature, the more
readily they escape by this process. 1In order for the density of any gas in
the lunar atmosphere to be constant over long periods of time, some supply
must exist to balance the escape of gases by this and other processes.

F. SOURCES FOR THE LUNAR ATMOSPHERE

It will be seen in Section IV that an atmosphere cannot exist on the moon
without having a continuous gas supply from some source. In this report we
will consider the following sources.

(a) The Solar Wind, as a Source of Neutral Hydrogen and Heliumw-We as-
sume that every positively charged particle from the solar wind which strikes
the moon's surface is confined within the crystal latticeadf the surface mate-
rial for a certain length of time and then re-emitted as a neutral atom, such
that the velocity distribution of the emitted particles is Maxwellian at the
temperature of the surface where they are emitted. (The velocity distribution
we are speaking of has only velocities directed away from the surface, so it
is not Maxwellian in the strict sense.) We assume that the number of par-
ticles does not bulldup in the surface layer, so that the incoming flux of
charged particles equals the emitted flux of neutrals, and we call this proc-
ess "diffuse reflection." (Actually, a certain number of the particles will
be specularly reflected aml not accommodated to the surface temperature, and
possibly not neutralized, but for simplicity we neglect these.)

(b) The Supply of H20, CO2, and S0 From the Crustal Rocks, From Hot
Springs, From Lava Flows and From Volcanos, and the Supply of Ho0 From Trapped
Ice.—Assuming that the composition of the moon is similar to the earth's
crust and mantle, and that the yearly yield of volatiles is proportional to
surface area, Vestine? ! predicts equivalent source strengths for these gases
on the moon as follows:

H-0: 4.5 x 1010 molecules/cm® sec
COz: 1010 molecules/cm® sec

SOs: 1.6 x 108 molecules/cm® sec.
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It '1s unlikely that the actual source strength for water vapor is as
high as that given above. If appreciable amounts of hydrated silicate were
present in the material that formed the moon, it 1s possible that water could
be trapped below the surface as permafrost. Since the temperature at shallow
depths is so low that the evaporation rate would be very small, all of the
water contained in the moon could not escape readily into the atmosphere. The
possibility of permafrost on the moon has been discussed by Gold.28

Watson, Murray, and Brown2? have discussed the possibility of ice being
retained on the moon on portions of its surface which are permanently shaded
from the sun. If these portions of the surface are at a temperature of about
120°K, the estimated evaporation rate is 10-15 grams/cm2 sec, which is about
3 x 107 molecules/cm2 sec. These authors estimate that the fraction of the
lunar surface that is permenently shaded is most likely &about 0.005. The
equivalent source strength for water vapor based upon the entire lunar surface
is therefore about 1.5 x 10° molecules/cm? sec.,

Although the estimated source strengths for COo and SO are high: enough
that these gases may constitute an appreciable portion of the lunar atmosphere,
they will be ignored here because of the impossibility of treating them with
the simple model of Section IV, where photochemical reactions and chemical
combination on the lunar surface are not considered. It must be stressed,
however, that our simple model will give only a minimum estimate for the lunar
atmospheric density, because we have not considered these gases,

—— TR —r—— . C—— g——

0.12% by weight of the moon is composed of potassium, of which about 0.011%
is O, and that each gram of K%O has produced 0.l gram of Ar by electron
capture or positron decay processes, as has apparently been the case for the
earth, then Vestine®! calculates thet the number of atoms of Ar produced/cm?
of the lunar surface over a period of 3 x 109 years would be 4.0 x 1022 atoms
of Ar/cm2,

The half-life of KO is about 1.4 x 10 years, and the activity is not
constant over any period of time comparable with the half-life, If a(t) is
the activity in disintegrations/sec, per cm® of surface, then

a(t) = 862 t/tl/z ’ (3-50)

where ag is the original activity and tl/2 is the half-life. The number of
atoms of Ar produced/cm® of surface in a time t is

t

N(t) = f a(tyas = 2 (g o t/6a/zy (3-51)

In2
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Therefore, the activity at time t is

N( 4n2)
t1/2(2t/tl/2 -

a(t) = (3-52)

Using N = 4.0 x 10°°/cm2 and t = 2t1/2, we find a = 1.9 x 105/cm2 sec. As-
suming that the time of outgassing for the Ar atoms is much smaller than the
half-life, the source strength of Ar at the surface is the same as the activ-
ity, 1.9 x 10° atoms of Ar/cm2 sec.

(d) Production of Krypton and Xenon by Spontaneous Fission of U258
Decay of 1129 and From Primeval Gases Trapped in Rocks and Released by Meteor
vBombardment ——These processes have been examined by Edwards and Borst. 50 The
primeval gases give the largest contribution; in a layer 10" cm deep they give
the following values for the total number of atoms:

Kr: 1033 atoms:

Xe: T x lO51 atoms
If we assume that these are released at a constant rate over the entire sur-
face by meteor excavation over a period of 3 x 109 years, the equivalent
source strengths are:

Kr: 2.8 x 1072 atoms/cm® sec

Xe: 2 x 1072 atoms/cm® sec.

TABLE 2

ASSUMED SOURCE STRENGTHS

Source Strength

Gas (atoms/cmz sec) Area of Source
H .93 J o2
He 7x1072J 72
H0 1.5x10° lzr o2
Ar 1.9x10° T
Kr 2.8x1072 baro?
Xe 2x10~7 s o2
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G. THE EFFECT OF THE SOLAR WIND ON THE LUNAR ATMOSPHERE

1. Assumptions Concerning the Solar Wind

To calculate the effect of the solar wind on the lunar atmosphere, we
must make some specific assumption about the parameters of interest. Since
the solar wind flux, J, is known to vary with solar activity, but its magni-
tude is not well known for any specific level of solar activity, the densities
of atmospheric gases predicted by our model in Section IV will be presented
as a function of J, for values of J between 107/cm® sec and 1015/cm? sec.

We must, however, be more specific for assumptions concerning the veloc-
ity of the solar wind so that we may predict the elastic scattering and charge
exchange cross sections for the various atmospheric gases. For the mean flow
velocity of the solar stream, we will use the value <Iu>avg = 500 km/sec, which
is, according to Parker,- the minimum velocity for a quiet sun. This assump-
tion is somewhat incompatible with our use of & variable flux; however, we
are primarily interested in conditions during quiet sun, and the problem is
much less complicated if we make the assumption that <UWgvg is conmstant.

To exemplify the use of the equations in Section IV, we will use the
value J = 109/cm2 sec. Since this is the highest flux measured by the Rus-
sians during an average geomagnetic storm, we would be persuaded to assume
an average value of J for quiet solar conditions less than this. However,
the majority of the remaining theoretical evidence is for higher values of
J, even during quiet solar conditions. More recent measurements by U. S.
satellites corroborate the Russian measurements, so that a flux of about
109 part/cm® sec is a reasonable value to assume.

The above two assumptions for J and <u>gyg force us to use the value
n = 20/cm3 for the number of ion-electron pairs/cm3 in the solar wind. Hinter-
reger51 has shown that the ratio of densities of neutral and lonized particles
in the interplanetary space is unlikely to exceed 10'5. Because this is the
result of considering only photoioniZation, we expect this ratio to be even
lower when the ionizing effects of the solar wind are taken into considera-
tion., Therefore, we will neglect the presence of any neutral particles in
the solar wind and assume that it is completely ionized.

The question now arises concerning the temperature of the interplanetary
gas, or the solar wind. Pottasch3?2 has computed the temperature distribution
from 1,0043 to 20 solar radii in the solar corona, using the observed distri-
bution of density in this region and the assumption of hydrostatic equilib-
rium. If we extrapolate his curve to the distance of the earth's orbit, we
find the value T~ 10°°K. This is about equal to the temperature which was
calculated by Chamberlain’®> using an exospheric model of the solar corona,
and is somewhat less than the temperature found by ChapmanBu“based upon heat
conduction in a static, spherically symmetric model solar corona.
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We will assume that the solar wind is simply the hydrodynamic expansion
of the solar corona, so that helium is present as well as hydrogen. Assuming
that the composition of the corona by weight is 75% hydrogen, 23% helium, and
2% heavy elements with a mean atomic weight of about 32, all completely ion-
ized, the number density of helium ions should be about 6/75 of that of hy-
drogen ions or about 7% of the total density of positive ions in the stream.
Since collision frequencies in the corona close to the sun can be assumed
relatively high, we will assume that the helium ions travel at the same mean
velocity in the solar sitiream as the hydrogen ions and the electroms.

Although the solar wind is believed to flow radially outward from the
sun, we will assume that the flow in the vicinity of the earth is a one-dimen-
sional uniform flow, over a region the size of the moon, in the direction away
from the sun. The ordered mass motion of the solar stream at 500 km/sec cor-
responds to kinetic energies of 1300 electron volts for protons, 5200 ev for
helium ions, and 0.7 ev for electrons. At the temperature T = lO5°K, the
thermal energy per particle is about 15 ev for all kinds of particles, assum-
ing that equipartition of energy exists. (This assumption will be discussed
in the last part of this section.) We see that the energy of the ordered
motion is much greater than the energy of the random motion for protons and
helium ions, and is considerably less than the random energy for electrons.
The physical situation is very similar to that of a spherical satellite moving
with a uniform speed in the earth's ionosphere, with a velocity much greater
than the thermal velocities of the positive ions but less than the root-mean-
square thermal velocity of the electrons.

For the purpose of describing various physical processes, we will assume
that the velocity distribution for the particles in the solar wind is Max-
wellian and isotropic in a coordinate system moving with the mean velocity of
the flow. This assumption may be partially Jjustified by comparing the times
of relaxation for the particles and the length of time necessary for the par-
ticles to travel: from the sun to the orbit of the earth.

The "self-collision time" for positive ions in a plasma interacting with
others of the same species is given by Spitzer55 as follows:

114 /2 g3/2
tc = . P) (5“‘55)
nZ=in A

where

amd, 1/2 I
A = 3 <%n§ _ 1.24x10 JEE7Z ,

0723 72

A is the atomic weight, and Z is the number of unit charges of the positive
ions. This is the time in which a particle is gradually deflected by 90°
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due to the interactions with other particles, on the average. The self-colli-
sion time is a measure both of the time required to reduce substantially any
lack of isotropy in the velocity distribution and also of the time required
for the distribution of kinetic energies to approach the Maxwellian distribu-
tion. If T = 10°°K and n = 20/cm3, then t, = 7 x 10° sec, for H.

This is of the same order of magnitude as the length of time taken for
protons traveling at 500 km/sec in traveling from the sun. The self-collision
time for electrons in the plasma is a fraction Vme/mp = l/hﬁ of that for
protons, which is considerably smaller than the time taken in traveling from
the sun. Therefore, the particles may be assumed to have velocity distribu-
tions which are Maxwellian and isotropic, as stated previously. The tempera-
ture may be different, however, for the different kinds of particles.

The rate at which equipartition is established between protons and elec-
trons 1s measured by the "time of equipartition," teq = L3t. = 3 x lO7 sec,
Thus, if the particle density was as low as 20/cm8 during the entire duration
of time in which the stream travels from the sun, it is unlikely that the
temperatures of electrons and positive ions would be the same at the earth's
orbit if they were not the same in the solar corona. It is possible, however,
that equipartition may have become established closer to the sun, where the
density is higher. We will assume here that the temperatures of all kinds of
particles in the solar wind at the orbit of the earth are the same, T = 109 °K.

Table 3 summarizes our assumptions concerning the solar wind. The number
nErjow i1s the number density multiplied by the kinetic energy per particle,
or the kinetic energy density. The total for all three types of particles is
about 5 x 107° ergs/cm3, as was mentioned in Section II-C.

TABLE 3

THE ASSUMED MINIMAL MODEL OF THE SOLAR WIND

Electrons e~ Protons HTﬁ Helium Ions Het™
J 109/cm® sec 0.93x10%/em2 sec 7x107 /em2 sec
<Wgyg 500 km/sec 500 km/sec 500 km/sec
Efiow 0.7 ev = 1.1x10"12erg 1300 ev = 2.1x10"%rg 5200 ev = 8.3x10 Yerg
n 20/cm3 18.6/cm3 1.4/cm3
nEe1 ow 2.l6xlO'llergs/cm3 5587x10’8ergs/cm3 l.6xlO'8ergs/cm3
T 10°°K 109°K 10°°K
g kT 15 ev 15 ev 15 ev
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2. Flastic Scattering

The molecules in the lunar atmosphere will be subjected to collisions
with the high energy protons. The difference between protons and helium ions
will be ignored here and we will also ignore the effect of the electrons,
‘since their energy is so low. These collisions may ionize an atmospheric
molecule, effect & charge-exchange reaction, or collide elastically, with no
change in the internal states of the colliding particles. As shown by Massey
and Burhop,5 charge exchange is about an order of magnitude more probable
than ionization, so i1t is the only inelastic collision process considered
here. To calculate the probabilities for the processes of charge exchange
and elastic collision, we need to know the cross sections. Since we are in-
terested in the probabilities for ejection of atmopsheric_molecules by these
processes, we will calculate the cross sections for scattering through all
angles greater than a minimum angle, so that the atmospheric particle gains
at least enough energy in the process to enable it to escape. We will call
this the "escape cross section.”" A consideration of the dynamics of elastic
collisions is necessary now.

Since the de Broglie wavelength for protons of 1300 ev kinetic energy
is very much smaller than the dimensions of the smallest atoms, the classical
equations of motion provide a very accurate approximation to the correct
quantum mechanical equations of motion, and the treatment of collisions will
be done here using classical mechanics.

Consider an incident particle of mass m;, velocity v and kinetic energy
E, and a particle of mass my which will be assumed to be at rest with respect
to the moon. We will consider that some interaction takes place between these
particles such that the energies and angles of motion of the particles after
the collision are as shown in Fig. 5. (Note that we have implicitly used the
assumption that the sum of the kinetic energies of the particles before the
collision is the same as the sum after the collision, in writing E-Er for the
final velocity of particle 2.) Figure 6 shows the representation of the col-
lision in a coordinate system which always has as its origin the center of

m; Ej

[n":’E m‘g/rrg m, ® m,

¢ ®
Fig. 5. Fig. 6.

Collision coordinate systems.
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mass of the two-particle system. It can easily be shown (see Goldsteinzo)
that the following relations are true between the scattering angles:

x 8 in ©
gﬁ = 'é' - § > tan 9 = _.—.s_l.]:l__.—_— . (3-5&)
cos O + =k
o

Now let us write the equations expressing conservation of energy and
momentum in the following form:

J2mlE = JEmlEf cos © +~2mo(E-Ef) cos é
(3-55)
0 = ~2mEp sin 6 - vomo(E-Ep) sin 4 .

Squaring and adding to eliminate ©, we get the energy gained by particle 2
in terms of the angle through which it 1s scattered:

E-Er = LE __EAEE_E cos®p . (3-56)
(my+mp)

It will be convenient to express this in terms of the angle of scattering in
the center of mass system:

E-Er = L4y 202  gip2 g . (3-57)
(ml+m2)

1
Now the energy of escape for particle 2 is (E-Ef)ege = 5 Mp Vig., Where
Vege 18 the escape velocity at the moon's surface. Therefore, the minimum
angle ©® through which the scattering can take place and still impart to part-
icle 2 the escape energy is given by

2
sin Q_ée_sg = /\l?ml+m2) Vgsc . (3—58)

8mlE

Now the elastic "escape cross section" is given by

T

022%) = 2n J{; o(®)sin © @® , (3-59)

esc

where o(®) is the differential scattering cross section, which depends upon
the interaction potential. The above integration does not need to be actually
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carried out if we can express the so-called impact parameter b as a function
of ©®, The impact parameter 1s the perpendicular distance between the center
of force and the incident particle velocity, which is associated with scat-
tering through a particular angle ©. If © = Bgge, then the elastic "escape
cross section" is given by

ngi) = 1%(Begc) . (3-60)

Now for the light-atoms of H and He, the above cross sections are very nearly
equal to the gas kinetic ?raysport cross sections, given by Jeans. 2 For
heavier atoms, however, Oggo. may be considerably smaller than the gas kinetic
cross section. This is for two reasons: (1) the energy transferred from in-
cident protons is smaller when the mass of the atmospheric particle is larger;
(2) the escape energies for heavy particles are higher than for light particles.
We will evaluate oésl) for heavy particles in the following way: The impact
parameter b(Bege) corresponding to the minimum scattering angle for escape is
found using the result of the Rutherford scattering of protons by charged
particles of charge Zgrre:

2 )
b o= B o (D, (3-61)

where Ey is the incident kinetic energy minus the kinetic energy of a particle
of mass (m;+ms) moving with the center of mass (it is the incident energy for

the problem in the center of mass coordinates). In terms of the incident en-

ergy,

o

E .

E, =

The formula which we want is therefore

Zeff e2cot g

b = B (3-62)

ml+m2

so that

-1

Zeff e2(mi+m 8m.E
b(®esc) e 1 2) -J ( 1
my

2mok +m2)2vésc

Zert €2 [2mE ¢/ 1+m_2_)2
moE VBsc
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Since

1 /mi+ms\2
= o (B9 e

b(@ (3-63)

esc)

Zeft egwfﬁﬁf
T

My Vege

In this formula, Zerr € is the effective charge of the atmospheric atom for

the scattering, i.e., the nuclear charge Ze minus the charge of the electrons
which screen the nucleus, If the deflection angle © is small (and so @ is

also small), the force which deflects the incident proton will be approximately
given by the force due to a point charge Zerr e at the center of the atom,
where Zgrr is defined by

v( r{] = E‘Efff_z. , (3-6[;.)
r= b

and where v(r) is the electrostatic potential energy. For heavy atoms, this
potential energy can be calculated, using the Thomas-Fermi atomic model. We
have

Zoze(®) = 2L o axix(n)], (3-65)
where X(x) is the solution of the problem

M2 - w2 o) =1, Xe) =0, (3-66)

and is graphed on page 364 of Ref. 37. Also,
x(r) = 2(¥/3m%/° 2/ =, (3-67)

where ag = 5.29 x 10"9 cm is the first Bohr radius. Since

_ 1m0 ag
= 2\¥ z1/3 X
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and

B(Bags) = ZX{x[b(Oesc) 1}e2 a]E

Mz2Vege
we have
X(X)‘ - (5#) / SpolloVege mg—, < . (5’68)
Z4/3 2 2m,

This equation has been solved graphically for x in the case of Ar, Kr and Xe.
The results are given in Table L4 along with the gas kinetic cross sections
for the light molecules which are given by Jeans?® and Loebu3

TABLE L

CROSS SECTIONS FOR ELASTIC COLLISION AND
CHARGE EXCHANGE WITH 1300 ev PROTONS

T D) sy T NG
Gas J esc 2 ) esc b
(cm2) (cm2) Gzel) (cm®) (cm2)
H 4.5%10"16% 4.5x10716 1 2x10™ 10 21015
He 5.7x10“l6 3, 7x10~16 1 1.8x10717 1.8x10-17
Ho0 5.8x10716 5.8x10710 1 ox10~ 15 ** 0x10~1D
Ar lO,5xlO-l6 3, 2x10=17 0.03%0 i hx10716 1.3%x10"L7
Kr 1%.5%10710 2,5x10™+7 0.018 10.6x10716 1.9x10717
Xe 18.7x10~16 2.1x10717 0.011 7.0x10~16 8.7x10"18

*This is an estimate; it 1s intermediate between the values for He and Ho,
given by Jeans.
**¥This value was adopted as the same as that for H.

3. Charge Exchange

Collisions which result in exchange of charge are not elastic, but the
change in internal energy of the colliding patrticles is only about 2 ev for
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protons in Ar and less than 1 ev for protons in Kr or Xe (see Massey and
Burho§36). This produces a very small effect dynamically when the incident
proton energy is 1300 ev., Therefore, we can treat these collisions as ap-
proximately elastic. For the ligh{ atoms of hydrogen and helium, the charge
exchange "escape cross sections" Geg§ , are almost the same as the charge ex-
change cross sections which have been measured by Fite, et g&.,59 and Keene.
We will take the charge exchange cross section for water vapor to be the same
as that measured for hydrogen by Fite, et al. Charge exchange cross sections
for Ar, Kr, and Xe have been measured by Hasted.hl Although these would be
expected to be larger than the charge exchange "escape cross sections,”" it is
difficult to say what the ratio is exactly. Therefore, we will take the ratio
of "escape cross section" to the measured cross section to be the same for
both charge exchange and elastic collisions:

(el1)

(ex) _  (cx) esc . )
Tesc 9 0(éi7 (3-69)

We have listed the measured values of cross sections along with the values for
"escape cross sections" used by us in Table 4. Although we have called these
cross sections "escape cross sections" the probability of the particles hit-
ting the moon and failing to be ejected from the lunar atmosphere must be
taken into consideration; this is done in Section IV.

H. PHOTOIONIZATION AND PHOTODISSOCIATION IN THE LUNAR ATMOSPHERE

Although we have neglected ionization of atmospheric molecules due to
solar protons, we cannot neglect lonization due to solar ultraviolet radia-
tion. At times of quiet sun when the solar corpuscular radiation flux is
quite small, the effects of the solar ultraviolet radiation with wavelengths
longer than lOOK.may become more important than the effects of the solar wind,
since the intensity of the radiation in this portion of the spectrum would be
expected to be approximately the same during active and quiet solar condi-
tions.

HinterregerBl has measured the solar photon fluxes between 1300 and 604
at an altitude of 200 km and estimated the fluxes in interplanetary space
near the earth. On this basis, he gives total ionization rates for several
kinds of gases, among them monatomic hydrogen and helium, by summing the pro-
ducts of photolonization cross sections and particle fluxes over the wave-
length bands. He obtains the following results:

H: 2odg = L.5 x 107T/sec

He: 2odo 10-7/sec.
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We have estimated the ionization rate for water vapor by using Hinter-
reger's flux measurements and averages of the photoionization cross sections
measured by Wainfan, et al., 2 in the range from 1000 to 300 and those meas-
ured by Astoin, et EE':MB in the range from 300 to 250Ka Our result is
Lodg = 2.45 x lotg/sec. We have estimated the photodissociation rate for:
water vapor in a similar way. Near the threshold for dissociation, 2400R,
Granathu found the absorption cross section to be less than 10722 cm2, We
have therefore neglected the absorption in the wavelength region between the
threshold for dissociation and 1800&. Using the results of Watanebe, et E&')MS
for the absorption cross section in the wavelength region between 1800 and
lOOOA, and the intensity of the solar spectrum given by Detwiler;. et al.,
we Tind Zo@o = 1.62 x 10'5/sec. The total probability for removal of water
vapor by either photodissociation or photoionization is therefore 200 =
1.86 x 1072/sec.

We have also estimated the ionization rate for argon using Hinterreger's
flux measurements and the photoionization cross sections measured by Po lLee
and Weissler.47 Our result is Xadg = 1.95 x 10'6/sec.

Although the ionization thresholds of krypton and xenon occur at longer
wavelengths than does that of argon, the photoionization cross sections,
which have never been measured, may be greater than that of argon or they
may be less. In view of this uncertainty, we will use the same value of
photoionization rate for Kr and Xe as we calculated for Ar.
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SECTION IV

A SIMPLE MODEL OF THE LUNAR ATMOSPHERE

We now wish to calculate the expected partial densities of various gases
on the moon. Their source and escape rates are based on the different proc-
esses discussed in the previous sections.

For our purposes, we will use an even simpler model of the lunar atmos-
phere than the prementioned isothermal model. The model i1s constructed as
follows: the entire atmosphere is considered to be contained between the sur-
face of the moon and a surface at height h(T), where h(T) is the scale height
for the particular gas considered. It was shown in Section III that the total
number of particles which are associated with an isothermal atmosphere is
given by the density at the surface, ng, multiplied by the volume included
between the lunar surface and the inner surface of a sphere of radius rgt+h,
which we called the "scale volume." We will use an average temperature of
300°K in computing the total number of particles which are included in our
model atmosphere. This number will be calculated as follows:

N = nov 9

where no is the average number of particles/ecm3® at the lunar surface, and V
is the scale volume for an isothermal atmosphere at 300°K. The change of N
with time is due to the following processes.

(a) The Net Influx of Particles at the Inner Surface.--Included in this
term are the contributions discussed in Section III-F from the diffuse reflec-
tion of hydrogen and helium, the supply of water vapor from trapped ice, the
production of Ar from the radioactive decay of KA and the production of Kr
and Xe from primeval gases trapped in rocks and released by meteor bombard-
ment. We neglect recombination of atmospheric icns on the lunar surface,

(b) The Net OQutflux of Particles at the Surface of the Outer Sphere,—
This term includes only the . evaporatlon escape flux discussed in Section
IIT-E. Although the integration was taken over the surface of the moon, the
same total flux escapes through any finite surface surrounding the moon.

(c) The Net Rate at Which Particles are Produced Within the Scale
Volume.,—In this term we take into consideration the removal processes of
photodissociation and photoionization, due to solar ultraviolet radiation,
and charge exchange and elastic collision processes due to the solar wind,
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all of which result either in the ejection of particles from the atmosphere
or in the ionization of atmospheric particles. We neglect recombination in
the scale volume.

The three kinds of processes are related to the time rate of change of
the total number of particles by the equation

aN s > > >
2. g Fuoa e
inner surface outer sphere scale volume
= I, - Io + Is, ( h-l)

where 35 is the source strength, %J is the Jeans escape flux and S is the
volume production rate. We have abbreviated the three terms, I, Io, and Is.

A. HYDROGEN AND HELIUM

The calculation of the atmospheric partial densities is well illustrated
by the cases of hydrogen and helium. For these gases, I, is equal to the
proton flux J? multiplied by the effective capture cross section of the moon,
If we assume that the charged particles in the lunar ionosphere form a space
charge region close to any portions of the lunar surface which are charged,
so that the charge on the moon is shielded a long distance away, the only
forces acting on the particles in the solar wind are due to the gravitational
attraction of the moon. Let b be the impact parameter corresponding to par-
ticles which just graze the moon's surface. From continuity we have

2
J = J, b~ ,

To

\V}

where J  1s the solar wind flux far away from the moon. From conservation
of energy and angular momentum we find that

= mv,2
2
so that
2 v
b= _ + QmZG = 1 4 -€8¢C ,
r 2 mVOOI‘ o} v002
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where v, is the velocity of the stream a long distance away from the moon,
Since vesc/va ~ 5 X 10“5, b = ro, and the effective capture cross section of
the moon is just wro®. Therefore,

I, = Jpure?2 . (L4=2)

(We have neglected the contribution to the number of neutral hydrogen atoms
in the atmosphere from dissociation of Hz0, which is negligible in comparison
to the solar wind contribution.)

I- is equal to the evaporation escape flux multiplied by the total sur-
face area of the moon:

g - ro/h
Io = bgrg2 E%‘ie o/ (1+%9E| . (4-3)

The term I3 is negative for neutral particles. Its magnitude is equal
to the "scale volume" V multiplied by B, the fraction of the particles in the
atmosphere which are exposed to the sun, multiplied by the average volume
rate of all processes which eject hydrogen or helium from the atmosphere:

Is = -BVinedasS®y + nodotS®)y + nolado] . (4-b)

The fraction B will be taken to be equal to 1 for hydrogen and helium. As
we stated in Section III-B, we expect the density of hydrogen atoms at the
surface to be fairly constant over the surface. As shown in Fig. 4, most of
the scale volume, which may be considered to be the volume contained between
the surface and the scale height, is exposed to the sun in the case of hy-
drogen and helium. Therefore, we can take B ~ 1 for hydrogen. The value of
B for helium is expected to be even more nearly one, since the net rate at
which helium atoms can migrate to the dark side after being formed on the
sunlit side is considerably smaller than the net rate for hydrogen atoms.

The three contributions to Is are due to elastic collision and charge
exchange with solar wind protons and to photoionization and photodissocilation.
The y-factor is the result of averaging the rate of escape of ejected par-
ticles over the entire exposed lunar atmosphere, taking into account the
geometric probabilities of ejected particles striking the moon and not escap-
ing. The distribution of scattered intensity with scattering angle for elastic
collisions and charge exchange which has been measured (see Massey and Burhop56)
shows that the vast majority of incident particles are scattered through very
small angles. Since the exchange of energy in charge exchange is small com-
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pared to the total kinetic energy of the particles, the dynamics of those
processes would be expected to be almost the same as for elastic collisions,
as mentioned previously. When the incident particles are deflected at very
small angles ©, the struck particles are scattered at angles very close to
90°, since

sin © - sin EQS

cos © My - cos 2¢
L)

(see Section ITI-F) and ml/m2 < 1. Most of the particles in the atmosphere
are, therefore, scattered nearly at right angles to the incident solar wind
direction, so they have a geometric probability of escape close to 1 near the
portion of the atmosphere roughly above the subsolar point, and a geometric
probability of escape of about 1/2 near the limbs. The geometric probability
averaged over the exposed part of the model atmosphere is therefore between

1 and 1/2. v as a function of the molecular weight would be expected to ap-
proach 1 as the molecular weight became very small, and to approach 1/2 as the
molecular weight became very large. For hydrogen and helium we will, there-
fore, use y = 1, and we will use y = 1/2 for the remaining gases. Using the
values of €, h, and nro2/V'taken from Table 1, the values of J and Jp taken
from Table 3, the values of oege taken from Table L4, and the values of Yoo
taken from Section III-G, we can proceed to calculate the time rate of change
of the atmospheric¢ density of hydrogen and helium as follows:

q dn,
a% = V'agg = I, - Iz + I3,
or
dng, _  mro? wre® . — - To/h Ty
- - v Jp = =2- DT e (L+%%)
- Bo( 30y + 3ol y + Tovo) (14-5)

Table 5 gives the ' numerical values for use in Eq. (4-5). For both hy-
drogen and helium, the primary escape mechanism is seen to be the evaporation
of the tail of the velocity distribution, which does not depend upon assump-
tions concerning the scale volume, as previously noted. This is expected,
since the thermal velocities are comparable to the escape velocity. Given
any initial density, the above differential equations govern the time rate
of change of the density at the lunar surface according to our model. For
J = 109 part/cm2sec, it is seen that the time constant for approach to an
equilibrﬁum value is 7.7 X lO5 sec, or about two hours, for hydrogen, and
2.5 x 10" sec, or about seven hours, for helium. The equilibrium values are
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thus attained rather quickly; they are given for J = 109 part/cm2 sec as fol-
lows:

5.30 x 10° atoms/cm®

==}

jn
(e}

It

9.13 x 107 atoms/cm®.

=
[0}
B
O
1]

Thus, although the number density of helium in the scolar wind is likely
to be from 1 to 2 orders of magnitude less than that of hydrogen, the evapora-
tion of the helium provides an escape rate of from 1 to 2 orders of magnitude
slower than that of hydrogen, so the equilibrium number densities are about
the same. The larger scale volume of hydrogen also adds to this effect.

Since the evaporation flux is of predominant importance for the escape
of these light gases, we may also estimate the average number density at the
lunar surface by equating the number of particles escaping/cm?/sec from some
particular place on the lunar surface due to the evaporation, to the influx
Jp cos O, where ©® 1s the angle which the sun makes with the zenith at that
place. Therefore,

mgr

Jpcos B exp ®j)

kT(©) ( mgro>
—,’ 1+

kT(®)

k 0 ’ for % <@< g

7
for 0 <8 <3 h}

This formula implies a detailed balancing at every point on the surface,
which cannot be the case. Because of the long flight paths of particles
emitted from the surface on the day side of the moon, there will always be
more particles near the terminator, © = /2, and on the night side than given
by the above formula. The value of n given by the above formula is, there-
fore, too high in the region near ® = O, since the only input is the solar
proton flux Jpcos ©. The value predicted at ® = 0 is:

n(0°) = 2.17 x 10M atoms/cm3

for H. Applying the same reasoning in the case of helium gives
o )‘l' 3
n(0°) = 3.67 x 10 atoms/cm

These values are about four times higher than those gotten with our sim-
ple model, where migration of atoms was taken (implicitly) to be efficient
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enough that the density was uniform over the entire surface. To see which
point of view is more justified, let us assume that an atom of hydrogen and
of helium is emitted from the lunar surface at an angle of 45° with the
horizontal plane and with the mean speed characteristic of the temperature T,
As shown in Fig., 3, the angular ranges of hydrogen for temperatures between
200°K and L0O0O°K, which are typical of the day side, are enough longer than
those for temperatures between 120° and 200° to enable migration to take
place fairly readily from the day side to the night side. Therefore, the
density of hydrogen would be expected to be falrly uniform over the entire
surface, as assumed in our simple model. On the other hand, the curve of
angular range versus temperature for helium is not nearly as steep, indicat-
ing that the net migration of helium atoms from the day side to the night
side is not as efficilent, resulting, therefore, in a somewhat higher density
on the day side. '

B. WATER VAPOR

The term I; is equal to the equivalent source strength for the entire
surface given in Section III-F multiplied by the lunar surface area:

Il = JS)'J'.TFI'OZ . (L"-'?)

Io and I3 have the same form as for hydrogen and helium. Although the scale
height i1s larger on the sunlit side, so that a slightly larger fraction than
1/2 of the scale volume is exposed to the sun, we expect somewhat higher dens-
ities for water vapor and the heavier gases on the dark side. We will, there-
fore, use the value B = 1/2, in the term Iz and use the value 1/2 for the y-
factor for water vapor. The largest contribution is seen in Table 5 to be
the ionization and dissociation. The contributions due to the solar wind are
somewhat smaller. The time constant is 107 sec, or about 28 hours. The equi-
librium value is ng = 1.7 X 105/cm3 for J = lO9 part/cm® sec. The correspond-
ing partial pressure of water vapor in regions where the temperature is about
120°K is sbout 2 x 10-1Y4 mm Hg. Thus, the partial pressure 1s considerably
lower than that needed to stop the net evaporation (according to Vestine?! the
equilibrium vapor pressure of water at 120°K is about 5 x 10~12 mm Hg) , and

we are justified in using the evaporation rate which we used.

C. ARGON

The term I, has the same form as for water vapor. We neglect Io, since
it is much smaller than Iz. The time constant for approach to equilibrium
is 106 sec, or about 11.6 days, and the equilibrium value is ng = 5.L4 x lOu/
em® at J = 107 part/cm2 sec.
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D. KRYPTON

The time constant is sbout the same as for argon, about 11.6 days, and
the equilibrium value is ng = 1.7 x 10~2/cm3.

E. XENON

The time constant is also about 11.6 days, and the equilibrium value is
no = 1.87 x 10'3/cm3. We see that krypton and xenon comprise a very small
portion of the lunar atmosphere.

F. THE VARTATION WITH THE STRENGTH OF THE SOLAR WIND

The composition of the lunar atmosphere will be expected to vary con-
siderably with the strength of the solar wind. To see this, consider the fol-
lowing: in the case of hydrogen and helium, the predominant escape mechanism
is the evaporation of the tail of the velocity distribution, while removal by
solar corpuscular streams and ultraviolet radiation is negligible in compar-
ison, For water vapor, argon, krypton and xenon, the situation is reversed:
the evaporation term is negligible in comparison to the other terms. For hy-
drogen and helium the source is the solar corpuscular flux itself, while the
sources of the other gases lie within the moon or on its surface. Since the
time constants for approach to equilibrium of all of these constituents are
less than twelve days, the densities, which depend upon the solar wind flux J,
would be expected to change in response to a change in J in a correspondingly
short time. Figure 7 shows the equilibrium values of density for the con-
stituents whose densities are greatest, Ar, He and H, as a function of J. For
values of J much below 109/cm sec, the main constituent is Ar, at a density
of about 5.5 x 10%/cm3. For values of J above 107/cm® sec the densities of
H and He increase with J while the density of Ar decreases, since the effects
of the solar wind in sweeping it away begin to predominate over the photo-
ionization. For values of J above about lOll/cm2 sec, the density of H in-
creases more slowly with J, and approaches a limit at about 2.9 x 105/cm3,
when the increase of hydrogen accretion from the solar wind with increasing
J is just balanced by the sweeping away effect of the solar wind, The dens-
ity of helium continues to increase with increasing J until J reaches about
1012/cm2 sec, when it begins to level off and approach the limit 9.6 x 105/
cm®,

We have assumed that the flux of ultraviolet radiation is not affected
by the level of solar activity, while the cdrpuscular streams are. Since
most of the ionizing and dissociating effects are caused by radiation of wave-
lengths greater than lOOK, this is justified if the short wavelength region
whose flux is enhanced during periods of solar activity lies below 100R, as
indicated by Shaw.X8
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We see from Fig. 7 that the minimum density of the lunar atmosphere is
about 5.5 x th particles/cms, during conditions of very small solar flux.
We must emphasize again, that the representation of the partial densities in
the lunar atmosphere in Fig. 7 is incomplete, since we have omitted the gases
CO2> and SO0o. Our simple atmospheric model may be thought of, therefore, as
a minimal model of the lunar atmosphere.

G. THE LUNAR SURFACE CHARGE AND CHARGED PARTICLES IN THE LUNAR ATMOSPHERE

Because of the photoionization of atmospheric particles and charge ex-
change with solar protons, we expect that charged particles will be present
in the lunar atmosphereb These charged particles would be able to recombine
on the lunar surface if the surface had no repulsive potential., However, there
are several ways in which the surface may become charged. On the sunlit side
of the moon, the predominant effect is expected to be photoemission of elec-
trons caused by solar ultraviolet radiation. Since this effect tends to charge
the surface to a positive potential, we expect the surface to be positively
charged over most of the sunlit side of the moon. Therefore, an atmospheric
ion cannot strike the surface unless its kinetic energy is greater than the
surface potential. Consequently, a negative space charge region will form
close to the surface. The potential of the surface is determined by the con-
dition that the number of electrons emitted per unit area and time due to
photoemission must equal the difference between the random electron current
to a unit area from the space charge region and the solar wind, and the cur-
rent of ions from the solar wind and those from the atmosphere which have en-
ergy greater than the surface potential.

Near the limbs of the moon the photoemission of electrons should be
smaller than at the subsolar point, and it is possible for the lunar surface
to acquire a negative potential because the random current of electrons from
the solar wind and atmosphere is larger than that due to positive ioms.

Therefore, if the moon is a poor conductor of electricity, we expect
most of the sunlit side to be positively charged and some of the shaded side
to be negatively charged. This is justified by the results of Gibsonh9 con~-
cerning radio measurements of the properties of the lunar surface. Assuming
a dielectric constant K = 5, he finds the conductivity of the top few milli-
meters of the moon's surface corresponding to the measured attenuation to be
1.16 x 1072 mho/meter. Therefore we expect that the lunar surface will be
able to maintain a substantial potential gradient with reasonably small sur-
face currents.

The positive surface charge has another effect on the charged particles
in the atmosphere in addition to hindering their recombination. If a neutral
particle is ionized while it is within the shielding distance of the surface,
it will be ejected from the atmosphere if the potential in volts at the point
where it is ilonized exceeds the escape energy for the particle in electron
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volts. (Escape energles for particles of atomic weight less than 14O are
less than 4 ev,) This has been pointed out by 6pik and Singer.sp These
authors estimate the screening length for an electron density of about 500/
cm® to be about 400 cm. Since this is so small compared to the scale heights
for the gases which we consider, this effect will be ignored here.

We will not attempt to compute the magnitude of the surface potential.
If we assume that an atmospheric ion has an energy equivalent to temperatures
of 1500°K, which is approximately true for the earth's ionosphere, the sur-
face potential need only be about .2 volts to effectively hinder surface re-
combination on the sunlit side of the moon. If the surface potential 1s not
at least this high, there will be too few charged particles in the lunar atmos-
phere to worry about.

Therefore, for simplicity, we will assume that no surface recombination
or volume recombination will occur on the sunlit side in the moon's stmos-
phere. Also, in the following computation of ion density, we will assume
that the diffusion of ions in the atmosphere to the limbs of the moon, and-
thelr eventual recombination there, is negligible compared to the other proc-
esses considered which effect ion removal. This, of course, is not strictly
true. Our model, therefore, predicts the maximum number of ions that can be
present in the moon's atmosphere, assuming that the only atomic species pres-
ent are those considered here.

The model we wish to present here for the lunar atmospheric ion density
is similar to the model for the lunar neutral particle atmosphere. We state
that all the ions associated with the atmosphere are contained in the scale
volume Vi, and have a constant number density, ngyi, which will be equal to
the surface number density in the real case of an exponentially decaying ex-
osphere.

For this model, we assume an ion temperature of 1500°K. Since the plasma
must remain neutral, the scale height for each species is determined by as-
suming that the effective mass of the ion is half the actual mass to account
for the electrical forces caused by the much larger scale heights associated
with the electrons. For half the mass and five times the temperature the
scale heights for the various lons under consideration are 10 times the scale
height of the gases given in Table 1 of Section III-C.

The source of the ions is assumed to be that of the number of ions pro-

duced by photoionization plus the number of ions experiencing charge exchange
with solar protons which do not escape. This term is expressed by:

I = BogVla(ol®®) - (X)) + Top, ] . (4-8)
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Here, B is the fraction of the neutral particle scale volume which is
not shielded from the sun. We will assume here that for H and He, P = 1; and
for Ho0 and Ar, B = 1/2 as before,

The two processes considered here which cause a removal of ions from the
atmosphere are the evaporation of the talil of the velocity distribution and

the ejection of ions due to collisions with the solar protons.

The Jean's escape flux is expressed by:

_r/h. T
Io = PBymre®nyitie oL+ E% (4-9)

where B; is the fraction of the ionized scale volume which is effected by
this term and subscript i denotes a quantity associasted with the ions.

The removal of ions by collisions with solar protons is given by:

el
Is = BinoidVi 10£SC) (4-10)

is given from the results of Section III-G to be:

1
Gggc) = 31-'1t>'2((”9es,<:)
where
Zerr €° !Em
b(Bege) = —— _[— . (L-11)

MoVege NE

Here, mp is the mass of the positive ion and m is the mass of the particle
which strikes 1t, which we assume to be a proton. For singly ionized ions,
we use Zeff = 1 so that

-15
iogg%) = }fi?$9;§“ cm? (4-12)

where M.W. 1s the molecular weight of the atmospheric ion.

Therefore, our equation becomes:

. dnn~-=
T T T A A
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setting dnyi/dt = O for equilibrium, we get:
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Obtaining the desired values from Table 4 and Table 6, we get, for

J = 107:

gt 6.2 x 107"
et 7.2 x 1070
Ho0' 1.8 x 1072
art 6.31 x 1070

Noi
3.3 x 10°
5.9 x 1072
3.0 x 10°
35.41 x 10°

The total ion density is 547/cm3 for quiet solar conditions. This re-

sult argrees well with that of Elsmore,5
what more active solar conditions.
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SECTION V

DISCUSSION OF THE PROPOSED MEASUREMENT

The experimental determination of the lunar atmospheric structure is a
task similar to that required for any planetary atmospheric structure deter-
mination. The parameters desired are neutral and charged particle number
density, composition, and temperature as a function of altitude, time and
latitude. In the case of the terrestrial atmosphere, instruments have been
devised to measure all of these quantities to great altitudes. However, the
tenuous lunar atmosphere precludes the use of most of the instruments for at-
mospheric structure measurements on the moon. The most Iimportant single de-
ficiency in measurement capability is our inability to measure atmospheric
composition on the lunar surface with ingtruments available today. State-of-
the-art flight hardware does very well, with special handling, if it measures
partial pressures on the order of the expected maximum total pressure on the
moon's surface. Also, this instrumentation is heavy and temperamental and not
easily adaptable to the environment expected on the moon.

Therefore, we are limited to the possibilities of neutral and charged
particle number density and temperature measurements for initial experiments.
Of these, we feel that the neutral particle number density is the most im~
portant single measurement. As described in the previous section of this re~
port, the number of charged particles in the lunar atmosphere 1s probably less
than 1% of the number of neutral particles. Therefore it seems important, for
initial flights, to measure the neutral density to better understand the orders-
of-magnitude with which we are dealing. Once the neutral number density is
known, it 1s possible to view the problem of composition determination more
objectively.

A. INSTRUMENTATTON

Our initial choice of instrumentation is a cold-cathode discharge gauge
(Redhead gauge) with its required electronics. This instrumentation is cap-
able of measuring total neutral number densities from approximately 200 cm~3
to 2 x 1010 cm=3, Details of this gauge and the instrument package can be
found in Refs. 51 and 52.

Basically, the Redhead gauge is an ionization gauge. It utilizes elec-
trons obtained by a cold-cathode discharge in a crossed electric and magnetic
field to ionize the gas. Neutral gas particles enter the gauge through an
orifice and tube and are ionized. The resulting ions are collected, producing
an ion current which is monitored by an electrometer amplifier. Our instru-
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ment?tion is capable of detecting ion currents from approximately 10'6 amps to
104 amps.

B. CALIBRATION

As mentioned previously, the Redhead gauge to be used for the measurement
of the lunar atmospheric neutral number density is an ilonization gauge whose
ion current is- approximately linearly proportional to-gas density for any par-
ticular gas. The proportionalipy.constant for each particular gas must be ex-
perimentally determined, as must the slight variations from linearity for each
particular gauge, i.e., the gauge must be calibrated against a known standard.
The proportionality constant is called the sensitivity, and is determined pri-
marily by the lonization cross section or ionization probability for a given
gas. The performance of this type of gauge is covered in more detail in Ref.

51.

Since we do not know. . the composition of the moon's atmosphere, it is im-
possible to calibrate a gauge for the correct gas or mixture of gases. How-
ever, we do know that, of the expected gases in the moon's atmosphere, the
gauge will have the lowest sensitivity for helium and hydrogen and the highest
sensitivity for argon and the residual volcanic gases, with a maximum.spread
in sensitivity of approximately one order of magnitude. The gauge will be
calibrated for as many of these gases and mixtures as possible, so that data
received during early flights will be useful when further knowledge of com-
position is obtained.

It is expected that argon and the volcanic gases will exhibit highest
density on the dark side of the moon since they are being evolved from all
parts of the moon equally and will be shielded from the solar wind on the dark
side. Helium should exhibit highest density on the sunlit part of the moon
since it is being produced there. Therefore, the measurement for one lunation
should give some indication of the predominant gas, thereby increasing the
accuracy of our interpretation of the measurement.

C. MEASUREMENT

The measurement to be made will give us neutral number density versus
time at the lunar surface for at least one complete lunation. The expected
minimum equitorial number density for our theoretical model is described in

Section IV,

The moon's atmospheric neutral number density is interpreted from our
measurement of gauge number density by the thermal transpiration equation:

T
n = _ 'Trgn' ng . (5-1)
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It will be assumed that the gas particles in the gauge will be at the
temperature of the gauge (Tg), a measured parameter.

If we assume that the moon's atmosphere is predominantly composed of gas
molecules of high molecular weight, such as argon, COz and S0z, then the gas
temperature outside the gauge (Ty) can be assumed to be at the temperature of
the local surface. This can be seen by noting that the range of these mole-
cules, as discussed in Section III, is short enough such that the surface temp-
erature does not vary appreciably over the distance. As an example of this,
we see in Section III that argon, at 300°K, has a range of 97.9 km (angular
range of 3.20°) . Figure 1 gives the variation of surface temperature with
angle of rotation with respect to the sun for the lunar equator, and the de-
sign package temperature for this condition. As can be seen, an angular range
of 3.2°" gives a maximum error of approximately 10°K in gas temperature at the
point where the surface temperature is 300°K. Of course, near the terminator
the temperature varies much more with distance, but the range will also be
smaller due to the lower surface temperature.

With the above assumptions, we can plot an expected ratio of gauge num-
ber density to atmospheric number density for one lunation (Fig. 8). We
divide the measured number density by this ratio for each specific time to
obtain the atmospheric number density. All of the above considerations as-
sume that the spacecraft will be on the lunar equator, which will not neces-
sarily be the case. At the time of the experiment, ng, Ty, and Tg will all
be measured, and a true correction factor computed.

D. CONTAMINATION

One problem that confronts us in our measurement is that of the contam-
ination of the moon's stmosphere with gases evolving from the spacecraft.
Contamination of the Redhead gauge itself is minimized by evacuating and seal-
ing it on the earth, then breaking the seal after landing on the moon (see
Ref. 52). However, the spacecraft itself will be a contributor of gas for
some time after being launched from earth, not to mention the retro-rocket
contribution of gas upon landing on the moon. The contaminating effect of
the outgassing of the spacecraft on our experiment will be minimized by mount-
ing our package on a 15-foot boom, which extends after impact, and orienting
the package such that the orifice of our gauge "sees" none of the spacecraft
in its hemispherical view, Since the mean-free-path of a gas molecule in the
moon's atmosphere 1s certainly much larger than the dimensions of the space-
craft, we can assume that each molecule will travel in a ballistic trajectory
away from the spacecraft. The number of molecules of spacecraft gas having
a trajectory which intersects the gauge orifice is assumed negligible, if
the gauge is oriented as described above. Also, the total amount of gas
which the spacecraft can contribute to the moon's present atmosphere is as-
sumed negligible.
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The major problem of contaminstion is afforded by the retro-rocket motor
used during descent to the moon's surface. Table 7 gives the composition and
amount of these gases. A quick computation assuming an effective molecular
welght of 35 for these gases, a scale height of 50 km, a total welght of gas
of 1600 1b yields a surface number density of 6 x 102 cm=3 if the gas is
evenly distributed about the moon's surface and escape mechanisms are neg-
lected. Of course, the high initial thermal velocity of these gas molecules
will cause a significant percentage of them to escape immediately. The re-
maining gas will disperse rapidly, becoming a part of the lunar atmosphere.
As discussed in Section IV, we feel that the minimum atmospheric density on
the moon is about 5.5 x J.O)iL cm=3, Therefore, soon after landing it is ex-
pected that the density of the gases from the retro-rocket will be no more
than 10% of the atmospheric density.

The prementioned escape mechanisms cause a decay time constant of ap-
proximately twelve days or less for gases similar to the retro-rocket gases.
Therefore, in the 30-day lifetime of the spacecraft, the amount of retro-
rocket gas in the atmosphere will decrease by more than one order-of-magni-
tude. If surveyors are landed no more often than every 30 days, the effect
of the retro-rocket gases on our measurement will be negligible.

E. BSOLAR FLUX

Protons from the solar wind will be expected to enter the orifice of the
gauge, become neutralized on the inside surfaces, and contribute to the num-
ber of neutral particles in the gauge. The contribution to the number den-
sity inside the gauge due to solar wind particles will be denoted ngg and will
now be calculated, using our previous assumptions concerning the solar wind.
If <uw>avg is the mean velocity of motion of the plasma (500 km/sec), the dis-
tribution of the components of velocities normal to the orifice of the gauge,
u, in a coordinate system at rest on the moon at some place where n is the
angle between the centerline of the orifice and the sun is

m 2
1/2 = spp (u=-<a>gyg cos n)
)7 e , (5-2)

f(u,n). = <§;§E

where T is the kinetic temperature of the solar wind (10°°K). If A is the
area of the orifice, the number of particles entering the gauge per second
is

o] o0

m 2
an ‘m \1/2 - DR (u-<u>avg cos 1)
—!| = nA /| ufdu = nA(———%) ue du
dt|in Jo 27KT Jo (5_5)
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where n is the number density in the solar wind (20/cm3). Let

B = q/2kT (u=<u>,, avg COS 1)

the integral can then be evaluated as follows:

dn
dt |in

[: EKT <u>§vg cos®n
iz

[ : m 2\
L o WUWgyg COS n(? + grf ’§ET <UW>gyg COS EH (5-4)
Now
<> cos
{;—— Ugyy COS T = 5 Zavg 1~ 10.1 cos n
 2kT 8 e Urms

using values taken from Table 2.

If we take 1 = 0°, then we can use the asymptotic form for the error
function: '

l+erfs>?2 -

3

s for s > 1 . (5-5)

Therefore, we have, with

s = 2kT <Wgyg COS N ,
dn _

where J is the solar wind flux.

The number of particles which were contributed by the solar wind which
leave the gauge per second .is given by the well-known effusion equation:

dngg | kT
= A | Eig -
dt:l out Usg™ S (5-7)
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where Tg is the temperature inside the gauge.

When the net number of particles entering the gauge from the solar wind
is zero,

dn - dbsg or ngg = |2 g -8
dtJ in dt‘,J out’ °%¢ = "V kTg (5-0

If the temperature inside the gauge is 300°K, then Ngg = 1.6 x loh/cms.

When n = 90°,

) | K
gBJ = nA E—E o (5'9)
dtin m

s0 the equilibrium density of particles inside the gauge due to the solar
wind is given by

ngg = W/— %—g— n, (5-10)

the ordinary thermal transpiration equation. When T = 105°K and n = 20/cm3,

ngg = 365/cm3.

In the cases where 7 is not close to 90°, the contribution of particles
inside the gauge due to the solar wind is comparable to that which we expect
due to argon, and so the contribution due to the solar wind may be comparable
to the total contribution from the neutral particles in the atmosphere. If
the flux J is measured independently, we will known nsg during the times when
it is large, and corrections to our measurement will be made.



TABLE 7

RETRO ROCKET GASES

Vernier (160 1b) Main Retro (1450 1b)
B = 0.1 to 0.33 lb/sec B = 30 1b/sec
Ho 32.49 H20 12.9%
H20 19.2 No 9.2
N2 31.0 0] 23.7
NHs .001 HC1 17.2
CHy .2 CO2 3.6
co 2.7 - HeS A
COz 1h.5 Ho 33.3
Burns from 280,000 ft Burns out between
to 13 ft 9000—~55,000 ft

Ignition ~ 280,000 ft
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